l Introduction* In this note, the preceding paper (mentioned in the title) will be referred to as [J] , the papers or books numbered 1, 2, • in the bibliography concluding [J] will be referred to as [Jl] , [J2] , , while those in the numbered list of references at the end will be referred to by their numbers in square brackets.
The notation in [J] is retained with a slight simplification as follows. As in Hardy's Divergent series [J3], a sequence {t n } is called a Hausdorff transform of another sequence {s n } when there is a sequence {μ n } such that (1) J%==/V4%.
If a is a real number, the special case of {t n } defined by (1) , case k=l + r of Theorem C). However, the second technique, while generally useful in proving Tauberian theorems of the Hardy-Littlewood class, is not required at all for proving the original Tauberian theorems; and it is perhaps not very satisfactory to use it to prove Theorem 1 which is essentially of the latter class of theorems. The present note supplies a new proof of Theorem 1 whose merit is that it depends only on Lemma 2 as it stands and on the interpretation, in Lemma 1, of n(n -1) *(n -pΛ-l)Δ p s n -p , which is asympotically equal to n p Δ p s n -p , as a Hausdorff transform of s n . Although the content of Lemma 1 is due to Jakimovski, the proof of Lemma 1 as it appears here is a simplification of his proof, resulting from the symbolic representation (5) of the Hausdorff transformation of s n in question, suggested to me by Mr. M. R. Parameswaran. LEMMA Here I must record may indebtedness to Dr. Jakimovski who has pointed out an implication of the first part of (5), namely, that SOME TAUBERIAN THEOREMS 957 where S% are Stirling's numbers of the first kind ( [1] , p. 142, (3)).
If k is a positive integer and then t n is related to s n by (1) with
Proof. The relation between s n and t n is proved directly, starting from and showing that substitution for t r from (3) leads to (1) with the {/*"} in (4).
Equation (5) follows from the fact that (4) can be written: Next, we take p=k in (2) and get
as a result of hypothesis (i) where Z=0 according to our supposition. Using in (6) hypothesis (ii) and (7) with a?=l -n'\ we obtain n^Jt-X^+^-il-xy^it^Sr-^oil), n -> co. [3] , Theorem I), and finally an idea whose simplest expression is the lemma which follows.
LEMMA 3. If {s n } is summable (A) to I and the sequence denoted by H*s, where a is any real number, is bounded on one side, then H Λ+ι s is convergent to I.
The case α=0 of Lemma 4 is classical. The case a 7^0 is includ-ed in one of Jakimovski's theorems ([J4], Theorem (9.6)). However, it is best to deduce it from the case a=0 by means of the following observation. If a > 0, then H*s is summable (A) to I by Szasz's product-theorem referred to above; while, if a < 0, H*s is again summable (A) to I since it is summable (H, -a-\-l H is a null sequence, and the conclusion follows from Theorem 2(a) with α-f-1 instead of a. Then {s n } is convergent to I.
Appealing to Lemma 3, we can replace s ΞΞΞ {s n } by H*s in the hypothesis (ii) and the conclusion of Theorem X, and obtain the following theorem. THEOREM 
